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) , $A_{l}^{(1)}$ Weyl Painleve’
(cf. [NY1], [NY2]). , Painleve’
WKB (cf. [KT1], [AKT], [KT2])
, WKB
.
( , WKB large parameter $\eta$
) . $A_{2m}^{(1)}$ (i.e., $l=2m$ )
(1) $\frac{df_{j}}{dt}=\eta[f_{j}(f_{j+1}-f_{j+2}+\cdots-f_{j+2m})+\alpha_{j}]$ $(j=0,1, \ldots, 2m)$ .
$\alpha_{j}$
$\alpha_{0}+\cdots+\alpha_{2m}=\eta^{-1}$ , $f_{j}$ $f_{0}+\cdots+f_{2m}=t$
. , $f_{j},$ $\alpha_{j}$ index $j$ t (
$n=l+1$ ) . $A_{2m+1}^{(1)}$ (i.e., $l=2m+1$ )
(2) $\frac{t}{2}\frac{df_{j}}{dt}=\eta[f_{j}(\sum_{1\leq r\leq s\leq m}f_{j-1+2r}$ fj+2s–l\leq r\Sigma \leq s5 $f_{j+2r}f_{j+1+2s})+ \frac{t}{2}\alpha_{j}]$
$(j=0,1, \ldots, 2m+1)$ .
$\alpha_{0}+\alpha_{2}+\cdots=\alpha_{1}+\alpha_{3}+\cdots=\eta^{-1}/2,$ $f_{0}+f_{2}+\cdots=f_{1}+f_{3}+\cdots=t/2$
. ( $l=2m$ , index
.) , , $n\cross n$ $(n=l+1)$
( ) .
(3) $x \frac{\partial}{\partial x}\psi$ $=$ $\eta A\psi$ ,
(4) $\frac{\partial}{\partial t}\psi$ $=$ $\eta B\psi$ ,





$qj=qj(t)$ , $qj+2-qj=f_{j}-fj+1,$ $\sum qj=-t/2$ $t$ .
, $l=2m$
.
(6) $q_{j}$ $=$ $f_{j+1}+f_{j+3}+ \cdots+f_{j+2m-1}-\frac{t}{2}$
$=$ $- \frac{1}{2}$ (fj-fj+l+fj+2–@*e+fj+2m)
$l=2m+1$
(7) $q_{j}$ $=$ $\frac{2}{t}\sum_{1\leq r\leq s\leq m}f_{j-1+2r}f_{j+2s}-\frac{t}{4}$
$=$ $- \frac{1}{t}[_{r=0}\sum_{\mathrm{o}\mathrm{r}0\leq s<r\leq m}f_{j-1+2r}f_{j+2s}-\sum_{1\leq r\leq s\leq m}f_{j-1+2r}f_{j+2s]}$
. (3)$-(4)$ WKB , .
.
Painleve’ , ( $2\cross 2$ )
. Painleve’ WKB
( , ) , turning point
Stokes curve $\mathrm{S}\mathrm{t}\mathrm{o}\mathrm{k}\mathrm{e}\mathrm{s}$ , Painleve’
. , WKB
, Stokes .
1 , turning point Stokes curve (
, $\eta$ ) .
turning point $\Leftrightarrow \mathrm{d}\mathrm{e}\mathrm{f}$ ’ .
Stokes curve $\Leftrightarrow \mathrm{d}\mathrm{e}\mathrm{f}$ ${\rm Im}( \int_{x0}^{x}(\lambda j(x)-\lambda_{k}(x))dx)=0$.
( $\lambda_{j},$ $\lambda_{k}$ turning point $x=x_{0}$ .) ,




, $\hat{f_{j}}$ (1) (2)
( ) turning point Stokes curve ,
Stokes .
, Stokes ,
(3)$-(4)$ ( , $\hat{f_{j}}$ ) Stokes
, .
44
Proposition 1 (3) (4) $A,$ $B$ ,
$\ovalbox{\tt\small REJECT}$ ( $\eta$ ) $A_{0}\ovalbox{\tt\small REJECT} A_{0}$ $t$ )
$B_{0}\ovalbox{\tt\small REJECT} B_{0}(x, t)$ , $A_{0},$ $B_{0}$ $\Delta\ovalbox{\tt\small REJECT}(x, t)$ ,
$\Delta_{B_{0}}(x, t)$ ,
(9) $\triangle_{A_{0}}(x, t)=\triangle_{B_{0}}(x, t)D(x, t)^{2}$
. $D(x, t)$ , $D(x, t)= \prod_{1<j<k<n}(\mu_{j}+\mu_{k})$ ( $\mu_{j}$ $B_{0}$ )
. $(D(x, t)$ $x$ $m$ .) ,
(3) turning point , $m$ 4 double turning point $(D(x, t)$ )
, (4) turning point ( $(n-1)$ , simple)
.
Proposition 2 (3) $\lambda_{j}(x, t)$ , (4) $\mu j(x, t)$
,
(10) $\frac{\partial}{\partial t}\lambda_{j}(x, t)=x\frac{\partial}{\partial x}\mu_{j}(x, t)$ .
Proposition 3 $\hat{f_{j}}$
( $\eta$ ) $C_{0}=C_{0}(t)$ . , $C_{0}$
$B_{0}$ , .
(11) $\det(\nu-C_{0})=\{$
$2^{n}g_{\mathrm{o}\mathrm{d}\mathrm{d}}(\mu)|_{\mu=\nu/2}$ ( $l=2m$ ),
$2^{n}(\mu\tilde{g}_{\mathrm{o}\mathrm{d}\mathrm{d}}(\mu))|_{\mu=\nu/2}$ ( $l=2m+1$ ).
godd $(\mu)$ $B_{0}$ $\det(\mu-B_{0})$ $\mu$ , $\tilde{g}\mathrm{o}\mathrm{d}\mathrm{d}(\mu)$
godd(\mu ) monic ( $l=2m$
$\tilde{g}_{\mathrm{o}\mathrm{d}\mathrm{d}}=g_{\mathrm{o}\mathrm{d}\mathrm{d}}$ ) .
Proposition 3 , $C_{0}$ $\det(\nu-C_{0})$ , $m$ $f$
$\nu f(\nu^{2})$ ( $l=2m$ ) $\nu^{2}f(\nu^{2})$ ( $l=2m+1$ )
. , turning point (
$C_{0}$ ) , $f$ (“$\mathrm{t}\mathrm{y}\mathrm{p}\mathrm{e}(\mathrm{I})$” )
, $f$ (“type (II)” ) 2 .
, Proposition 1 Proposition 3 ,
turning point .
Proposition 4-I $t=t_{0}$ type (I) turning point
-
45
(i) $t\ovalbox{\tt\small REJECT} t_{0}$ ( , (3) double turning point $x\ovalbox{\tt\small REJECT} x^{\downarrow}(t)$ ,
simple turning point $x\ovalbox{\tt\small REJECT} x^{\uparrow}(t)$ . , $x\ovalbox{\tt\small REJECT} x^{\downarrow}(t)$ $x\ovalbox{\tt\small REJECT} x^{\mathrm{f}}(t)$
index $(70,7\mathrm{t})$ .
(ii)
(12) $\frac{1}{2}\int_{t\dagger}^{t\ddagger}(\nu_{k_{0}}(t)-\nu_{k_{1}}(t))dt=\int_{x\dagger(t)}^{x(t)}(\lambda_{j\mathrm{o}}(x, t)-\lambda_{j_{1}}(x, t))\frac{dx}{x}$
. $\nu_{k_{0}}$ $\nu_{k_{1}}$ , $t=t_{0}$ 0 $C_{0}$
. , . type (I) turning point Stokes curve
, (3) double turning point $x=x^{1}(t)$ simple turning point
$x=x(\dagger t)$ Stokes curve $\{_{\backslash }\sqrt$ .
Proposition 4-II $t=t_{0}$ type (II) turning point
,
(i) $t=t_{0}$ , (3) 2 double turning point $x=x^{\uparrow}(t)$
$x=x\ddagger(t)$ . , $x=x^{\uparrow}(t)$ $x=x^{\mathrm{I}}(t)$ (
index $(j_{0},j_{1})$ .
(ii)
(13) $\int_{t\dagger}^{t}(\nu_{k_{0}}^{+}(t)-\nu_{k_{1}}^{+}(t))dt$ $=$ $- \int_{t\dagger}^{t}(\nu_{k_{0}}^{-}(t)-\nu_{k_{1}}^{-}(t))dt$
$=$ $\int_{x\dagger(t)}^{x(t)}(\lambda_{j\mathrm{o}}(x, t)-\lambda_{j_{1}}(x, t))\frac{dx}{x}\ddagger$
. $\nu_{k_{0}}^{\pm}$ $\nu_{k_{1}}^{\pm}$ , $\nu_{k_{l}}^{-}=-\nu_{k_{l}}^{+}$ $\nu_{k_{0}}^{+}(t_{0})=\nu_{k_{1}}^{+}(t_{0})$
$C_{0}$ . , type (II) turning point
Stokes curve , (3) 2 double turning point
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